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ABSTRACT 
Actions are a pervasive concept in algebra. In the setting of ideally exact categories, we introduce the notions of 
internal coherent action and internal ideal action, capturing two different aspects of unitary actions in rings and 
algebras.  

In the classical case of rings, if a unitary ring B acts on a ring (or ideal) X, one may ask either that the multiplicative 
unit of B act unitarily on X, thus obtaining a coherent action, or that the split epimorphism arising from the 
associated semidirect product be unitary, thus obtaining an ideal action. While these two requirements coincide 
for rings, there is no evident reason for this to persist in the more general framework of ideally exact categories. 
In fact, we prove that every ideal action is coherent, and that the converse holds in several contexts of interest. 

The first part of the seminar will present explicit algebraic instances of this phenomenon. The second part will 
introduce the categorical framework and develop the constructions and results in full generality.   

This talk is based on joint project with M. Mancini and F. Piazza. 
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